Abstract. Using unitary dilations we give a very simple proof of the maximal inequality for a stochastic convolution
S(t − s)ψ(s) dW (s)
driven by a Wiener process W in a Hilbert space in the case when the semigroup S(t) is of contraction type.
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Stochastic convolution integrals and estimates thereof play an important rôle in the theory of stochastic partial differential equations. We have found it interesting that one of the basic maximal inequalities, due to L. Tubaro, may be given a very easy proof, as we will show in this paper.
Let H and Υ 0 be real separable Hilbert spaces and (e At ) a C 0 -semigroup on H.
Let (Ω, F , (F t ), P) be a stochastic basis carrying a Q-Wiener process W in Υ 0 , with Q ∈ L (Υ 0 ) a self-adjoint and non-negative operator (not necessarily nuclear). Set Υ = Rng Q 1/2 and endow Υ with the norm x Υ = Q −1/2 x Υ0 , Q −1/2 being the pseudoinverse. Let us denote, for any Hilbert spaces V and Z, by L (V, Z) and J 2 (V, Z) the spaces of all bounded and all Hilbert-Schmidt operators from V to Z, respectively, equipped with their standard norms. We shall use M p to denote the space of all progressively measurable processes ψ :
(with an obvious modification if p = ∞). For any ψ ∈ M 2 we may define the stochastic convolution integral 
holds for a constant L 2 < ∞ and every ψ ∈ M 2 , provided the semigroup (e At ) is contractive, that is, e 
